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1 &E
n=p+qrBL. £7
H = diag(1,...,1,—1,...,—1)
—_— ——
p q

Z n RTENMTIE TS, 20T C EOARNEMTIL I — MEA

h(z,w) = 2" Hw

zT:Zt

DTN I — MERZRFT 2 EIFMP LD

U(p,q) = {M € GL(n,C) | MTHM = H}

THbd. INEAEMI=ZVEFEL VS, KT ¢ =0 DHEITIE, @EOI=X

"Eons.
—7, C" #FE~RZ MUZER R™ LFE—HT 5. BRI

z =1x + iy, x,y € R"

X = (x) € R?"
Yy

LEE, 2%

IR XE 5.
COR—HDOE & T, EHETH

M =A+iB, A ,Bé€ M,(R)

el
A —-B
pon) = (5 ) € Ml
LLTERINS.

AFRTIE, BHEIZSUTI DOEEDIAA

p: GL(n,C) — GL(2n,R)



Z@L T, GL(n,C) o5k %Z GL(2n,R) OFARELFE—HT 5. Lizd>T, K/ —+T

ELEX
U(p, q) = O(2p,2q) N Sp(2p + 2¢,R)

1%, X 0EEEIZIZ
p(U(p,q)) = O(2p,2q) N Sp(2p + 2¢,R)
CWHEW®RTHAB.
l’y\—F’
10 0 1
p=(o1) 7=(% o)
95, £z,

H 0 0 H
Gonom= (" 8). acsem- (0 1)

LB TR IEZaAy I—HTH 5.
175 G 1358 (2p, 2q) DRI R 2 £ . —F, Q BIBMERNERX, Tabby
VIV I T 4w IR ERT.
L7=H 5T,
O(G) ={T € GL(2n,R) | T'GT = G}

% O(2p,2q) EABTHY,
Sp(Q) = {T € GL(2n,R) | T'QT = Q}

WBE VTV I Taw L EBTHS.
AKI—=rTlE, ZOEKKNREX G, Q IZETIHELT

O(2p,2¢9) = O(G),  Sp(2n,R) = Sp(2)

EEHEL. DX, TIZTOD Sp(2n,R) FEHER TIERL, Q=J @ H 27T 28 L L TER
LTWa.

2 TILI— MERDOELREESR
z=z+iy,w=u+iv &FL. =L
x,y,u,v € R"
Thb. ZDOLZE

h(z,w) = (2" — iy")H (u + iv)
= 2'Hu+ y"Hv + i{a*Hv — y" Hu}.



L7zh - T,
Reh(z,w) = 2" Hu + y'Ho,

Imh(z,w) = 2'Hv — y"Hu

ThH5.
FRT MV
x=(" y=("
=1,) =,
ZHWS &,
Reh(z,w) = X'GY, Imh(z,w) = X'QY
rEIT 5.

2%, TILI— MERIZENFEEIEADSETIE
h=g+iw
LRI NG. 22T

9(X,Y) = X'GY, w(X,Y) = X'QY

THb.
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TOT = TTGKT

=T'GTK
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=O.

T € Sp(Q).
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HE DD,
kXD,
O(G) NSp(2) = Co)({K}) = Cspa)({K})

TH5.

7 U(p,q) EDE—FR

BRIz, ZOMMN U(p,q) THEZ L Z2MHERT 5.
HEZTH
M = A+iB, A, B € M,(R)
DFEAL%E
A —B
p(M) = (B | )
95,
D xE,
MYHM = H
ThBrI L

THEILRFAMETHS. EEE,
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—1,
AtHA+ BtHB —A'HB+ B'HA
t _
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CO(Zp,Qq)({K}) = O(2p7 2(]) N GL(TL, C)?

F7-

CSp(Zn,R)({K}) = Sp(2n7 R) N GL(”’? (C)
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HEILI-IERX
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L7zho T, HEATNVI— MEAZRFET B8 Up,q) 1, ERRADFETI,
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AN
w ZREFT B

LW TH 5.
AN, gk whlifiGzonsl,

K=g'w

W& > TEERBENEEI NS, Lo T, g & w DOiiff2HET 288, BRI K %
BRETH. $abb, THNIEEMSE K IZBEHLU CTEZGRIELREMTH 5.
ZD=D,
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WD — TS EHPIERIEREN s b Y s, BRICEZRELHN, TOREL LT
REBEI=% VR
U(p, q)

"Eons.
FHZ g =0 OFE 12X, L<HonzER

U(n) = O(2n) N Sp(2n,R)
MEEINDG., ZITOHRMBIZOREMTH D,
U(p,q) = O(2p,2q) N Sp(2p + 2¢,R)
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&, EEME - 22— 2V NHE- YUV T0 v 7ARDBEBKRE LTLLHSNT WS, 72
& Z21E Calegari D> > TV 7T 4 v Z7RMD ) — ~Tl,

O(2n,R) N Sp(2n,R) = O(2n,R) N GL(n,C) = Sp(2n,R) N GL(n,C) = U(n)

MG EINTEH D, ZOBFKEAIE “Two out of three” L IFXN T3, [Cal25, Lemma 1.22].
REMIRDEE 2 BMAEE U T, Kostant 1& triality & SO(4,4) @ distinguished unitary
representation (ZB9 5 DEHIHAT,

U(2,2) = Sp(8, R) N O(4,4)

£WIF LT\ 5 [Kosss]. Kostant OB, C* EOKE ++ —— OTIL I — MEROIH
CREHEEZD, LWIOIBLDTHH, KX —FOERWLEZ /L —HLTW5S.
¥ 7-, Doran I3 MREDART,

U(p, q) ~ O(2p,2q) N Sp(p, ¢, R)

WS BRI E 5 ZTW5S [Dor%4, Sec. 3.2, Egs. (3.68)-(3.69)]. 7272 L, Doran O
Sp(p, ¢, R) RN LFEILTIEZRL, K/ — FORIETIE, EAE/FTOEA

O=JoH
BFTAEY VT LT 0w 2B
Sp(2) ~ Sp(2p + 2¢,R)

CLUTCHBETZ2ONREHRTH 5.
X512, A —bTHWS KR EE

GL(n,C) N O(2p,2q) = U(p, q), n=p+gq,

I¥, Gregorovi¢ 1285\ T pseudo-Hermitian symmetric space DO H THEE I T W5 *!
[Grel2, Example 1.18].
F7z, AEMREBERT 25 LT, PRz

O(2p,2q)/U(p, q)

DENG. ZORNZERMIE, 722 21X Kobayashi ¥ Neretin @ Xk CTHhb T\ 3 [Kobl7;
Ner99].
K —bTlE, INSDOCHENICHNSBEHEREEZEFRIZL DD,

G=1®H, Q=J®H, K=J®I,

LTRERAEDAA p ¢ GL(n,C) — GL(2n,R) 2@ TH —#HT NI, p(GL(n,C)) N O(2p,2q) =
Co(2p,2q){K}) TH%.
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p(U(p,q)) = O(2p,2q) N Sp(2p + 2¢,R)

Z ERERERR U Tz
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